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Abstract— Underactuated adaptive hands simplify grasping
tasks but it is difficult to model their interactions with objects
during in-hand manipulation. Learned data-driven models have
been recently shown to be efficient in motion planning and
control of such hands. Still, the accuracy of the models is limited
even with the addition of more data. This becomes important for
long horizon predictions, where errors are accumulated along
the length of a path. Instead of throwing more data into learning
the transition model, this work proposes to rather invest a
portion of the training data in a critic model. The critic is
trained to estimate the error of the transition model given a
state and a sequence of future actions, along with information of
past actions. The critic is used to reformulate the cost function
of an asymptotically optimal motion planner. Given the critic,
the planner directs planned paths to less erroneous regions
in the state space. The approach is evaluated against standard
motion planning on simulated and real hands. The results show
that it outperforms an alternative where all the available data
is used for training the transition model without a critic.

I. I NTRODUCTION
Dexterity and affordable hardware are desirable properties
for a robotic hand to be viable in practical applications.
Such features, however, are often conflicting since dexterity
requires many degrees of freedom and sophisticated control, which raise cost. Underactuated hands with compliant
fingers, such as the ones seen in Figure 1, are appealing
in this context due to their adaptability and simplicity [1].
They enable stable and robust grasps with open-loop control,
and can perform precise within-hand manipulation [2]–[4].
Such manipulation capabilities are required in tasks where
the robotic arm is limited in movement, such as placing
items in a loaded shelve, confined closet, or during invasive
medical procedures.
Due to uncertainty in the manufacturing process, opensourced hands differ in size, weight, friction and inertia [5].
For example, 3D-printed units of the same hand model often
differ in their mechanical properties due to variations in
fabrication. Consequently, precise analytical models for such
hands are often unavailable, as they are hard to derive. Thus,
and as in previous work [4], data-based modeling enables
useful predictions and can be used for motion planning and
closed-loop control. Nevertheless, the accuracy of a learned
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Fig. 1. Two-fingers underactuated hands manipulating a cylinder in (a)
Gazebo environment with the illustration of the x−y workspace (in yellow)
and in (b) a real experiment.

model is limited, even with increased data. For instance,
neural networks with a fixed number of units and layers have
a limited capacity to fit functions. Their accuracy begins to
plateau after utilizing a certain amount of data for training.
Inaccurate predictions of transition models are particularly
problematic when the models are used in a Non-Observable
Markov Decision Process (NOMDP) [6], where predictions
are performed for a long horizon based solely on an initial
state and a sequence of future actions. Hence, prediction errors are accumulated, yielding rollouts that fail to accurately
track the planned paths. This makes NOMDP planning a
challenge.
This work claims that it is more effective to invest more
data, if available, to generate a critic of the learned model
rather than improving the model. The critic, trained with data
independent of the model, will provide information on the
average model prediction error given a current state and a
future action, along with a history of the past actions that
led to the state. By incorporating the critic into a modelbased motion planning framework, the planner will be able
to avoid regions of erroneous predictions. This paper presents
the generation of such critic, based on a learned model,
and its incorporation to an asymptotically optimal motion
planning algorithm. The planning algorithm has as objective
to minimize the error along the path, thus, diverting the path
to regions better predicted by the model. The approach is
implemented for in-hand manipulation tasks with underactuated adaptive hands, including a physics-engine simulation
as well as demonstrations on a real hand. Both the transition
model and the critic are learned using a neural network.
II. R ELATED W ORK
This section reviews prior work related to underactuated
adaptive hands and data-driven transition models.

A. Underactuated adaptive hands
Underactuated hands exhibit complex responses due to
joint passivity and contact between fingers and the environment [4]. Open-sourced hands [5] are fabricated through
3D printing and therefore, make it hard to extract precise
mechanical properties (e.g, joint friction, spring stiffness
and contact models). For this reason, along with the inability to control individual joint positions, accurate models
are difficult to derive. Modeling tools for underactuated
manipulation have been introduced in several efforts [7]–
[9], which examine joint configurations, torques, and energy
with a simplified frictional model [10]–[12]. A popular
modeling technique applies a hybrid parallel/serial approach
using screw theory, which further simplifies the derivation
of a model [13]. Nevertheless, these proposed techniques
have been shown to be sensitive to assumptions in external
constraints and are mostly suitable for simulations.
Few attempts were made to control underactuated hands.
A recent work provided a linear approximation of the hand
kinematics through manipulation primitives [2]. While applying these primitives, the manipulated object tends to move
in non-linear, arc-like trajectories [4], enabling solely the
use in visual servoing with substantial tuning, and not for
model-based planning. Nevertheless, the method was used to
track paths planned with an optimization-based model-free
planner [3]. The planning was performed solely on the basis
of simple point-to-point local connection. Consequently, state
uncertainty cannot be taken into account and the planner
does not reason about the probability of success. A robust
planner, however, that finds the highest probability path to
successfully manipulate an object with an underactuated
hand to a desired goal was recently proposed [14]. Using
a data-driven learned transition model proposed in [4] (and
discussed below), a belief-space planner reasons about the
distribution of propagated states derived from model stochasticity and initial state uncertainty. A model-free approach
[15] applied tactile sensing with reinforcement learning to
learn in-hand manipulation motions, and was demonstrated
on an underactuated hand.
B. Data-based transition models
A transition model is a mapping from a given state and
action to the next state. Such models are used in modelbased RL [16]–[19] and motion planning [14]. They are often
obtained through non-linear regression in a high-dimensional
space. Usages of data-driven models include learning the
probability distribution of an object after a grasp [20] or
during regrasping [21], and a hybrid modeling approach
combining analytical and data-based models to improve
accuracy in feed-forward control [22]. Neural networks have
became more popular recently thanks to their simplicity,
capacity of learning, and scalability to large amounts of data.
C. Competency-aware Learning
The increased popularity of machine learning techniques
in robotics and other application areas led to the question of
creating tools that can independently assess the accuracy of

the learned predictive models [23]–[26]. In object detection
and localization, for example, popular models such as Mask
R-CNN [27] typically provide a confidence score on their
predictions. The score can be used by other component of
a system to make decisions accordingly. Bayesian methods
such as GPs [28] also provide confidence scores as probabilities of their predictions. Confidence scores are widely used
in a closely related approach known as active learning [29]–
[31]. In active learning, confidence scores are used to guide
an exploration policy towards regions where the learned
model is under-performing, in order to gather more data there
and to improve it.
In the proposed approach, the critic is used during planning to penalize trajectories that go through regions where
the learned model is inaccurate. The method differs from
previous works in the way the critic is learned. In previous efforts, confidence scores are given by the learned model itself.
Here, the critic is learned independently as a separate entity.
This work highlights that the confidence scores provided by
the learned transition model (GP or neural network) cannot
be always trusted since they are obtained from the same data
that was used for training the model. For example, prior
work [32] provided examples where function uncertainty
cannot be obtained by applying a softmax on the output of
a neural network, as typically done in the literature. Thus,
the proposed critic uses a separate set of data for learning to
predict the accuracy of the learned transition model.
III. P ROBLEM S ETUP AND N OTATION
Let x ∈ X ⊂ Rn be an observable state vector of
a given underactuated hand and u ∈ U be an action
taken from a set U of possible actions. The state space is
decomposed into a valid subsect Xvalid and an invalid one.
Validity typically refers to the state being collision-free or not
dropping the object. The system is governed by the transition
f : X × U → X , such that a given state-action pair (xt , ut )
at time t is mapped to the next state xt+1 according to
xt+1 = f (xt , ut ). While the actual transition f is considered
unknown, a learned model f˜(xt , ut ) ≈ xt+1 can be acquired
through regression of recorded data as presented before [4]
and briefly discussed in the next section.
This work considers a NOMDP problem. In this setup,
observations are not available and planning is performed
solely based on the initial state xo . Given the learned model
f˜, the problem is to plan a path πx : [0, 1] → X and acquire
the corresponding sequence of actions πu : [0, 1] → U,
such that τ (1) ∈ G(xg ), where G(xg ) is the region of the
goal state xg . τ : [0, 1] → X is the real tracked path when
rolling-out πu on the system from πx (0) = τ (0) = xo . In
addition, path πx must optimize a cost function C, such as
path duration or length.
IV. A PPROACH
The proposed system has three main components: a transition model learned from data, a competency-aware (i.e.,
critic) model learned also from data, and an open-loop
NOMDP planner based on the transition and critic models.

A. Learning Transition Model
As discussed previously, a precise model of a system
xt+1 = f (xt , ut ) is not always available. An approximate
data-driven model xt+1 = f˜(xt , ut ) offers an alternative
and can be used in model-based algorithms. A training set
is acquired by applying random actions to the system, while
recording the observable states. Consequently, the resulting
data is a set of state-action trajectories λi ∈ P, where
λi = (xi0 , ui0 ), . . . , (xik , uik ) . For generating the critic as
discussed in the next section, we divide the data in P =
{Hmodel , Hcritic }. Trajectories in subset Hmodel ⊂ P are
pre-processed to a set of training inputs x̄i , where x̄i =
(xTi , uTi )T , and corresponding output labels of the next state
xi+1 . Thus, defining the training set T = {(x̄i , xi+1 )}N
i=1 ,
later used to train a recurrent neural network. Each x̄i , is also
labeled with di = {success, fail} indicating whether
the transition from xi with action ui resulted in a failure.
This is used to train a classifier that provides the probability
of x̄i to fail (object dropped or actuators overload).
B. Critic Model
Since the available model f˜ is learned based on data, errors
are inevitable. Moreover, planning in a NOMDP fashion
imposes the accumulation of error, where the magnitude
mainly depends on the regression method, length of the path,
regions of motion in the state-space and number of action
changes. Therefore, the new objective is an independent critic
model Γ that will estimate the error of the learned transition
function at a certain state with the intended actions to be
applied in the near future. One can query the critic with
regards to the future sequence of actions with some horizon.
However, since the critic is used within a sampling-based
planning framework, it is required to sample solely one
action to be applied for a number of steps. Furthermore,
it is important to estimate the error that led to the current
state, that is, we include past actions for some horizon along
the search tree and their resulting prediction error. This
reflects the fact that different sequences of actions can lead
to varying levels of accuracy of the predictive model. For
instance, certain maneuvers, or shapes of trajectories, are
more difficult to perform or predict accurately than others.
This can be due to the distribution of the training data that
may not sufficiently cover all types of trajectories, or to
uncertainties that are inherent to adaptive hands. Since we do
not know a priori which sequences of actions lead to higher
prediction errors, we include the history of past actions as
an input to the critic and train it to predict how accurate
the learned transition model would be given that history.
For comparison, we distinguish between the CRITIC and
the History-CRITIC (H-CRITIC), where only the latter has
past actions as input.
To generate the H-CRITIC model, we require recorded
state paths not used in training the transition model f˜. Thus,
the data is a set of state-action trajectories Hcritic ⊂ P preprocessed according to Algorithm 1. In brief, we generate the
critic input and output sets, Y and E, respectively. To create
a data point (y, e) (i.e., y ∈ Y and e ∈ E), we sample a

trajectory λi from Hcritic , a state-action pair on the trajectory
(xij , uij ) and the number of steps n ∈ [ml , mh ] to apply
action uij . Thus, the input point y of the critic is composed
of: 1) the state-action pair (xij , uij ), 2) the sampled number
n, and 3) the sequence A of previous nh actions that led
to xij , where nh is a pre-defined number. The output label
e is the sum of past and future Root-Mean-Square-Errors
(RMSE) between the path predicted by the learned transition
model and the ground-truth for the specific path segment.
Note that unlike H-CRITIC, past RMSE is not included in
the CRITIC version that does not take histories into account.
Algorithm 1: generate critic data(f˜, Hcritic , nh )
1
2
3
4
5
6
7
8
9
10
11
12
13
14
15
16
17
18
19
20
21
22
23
24

Initialize empty sets Y and E;
for k ← 1 to N do
Randomly choose trajectory λi from Hcritic ;
Sample n ∈ [ml , mh ];
Sample j ∈ [0, |λi | − n];
Xf ← {xij , . . . , xij+n };
Xh ← {xij−nh , . . . , xij };
if nh ≤ j then
A ← {uij−nh , . . . , uij−1 };
else
A ← {0, . . . , 0, ui0 , . . . , uij−1 } ; // padding
y ← (xij , uij , n, A);
Add y to Y;
s ← xij ;
Initialize set Sf with s ; // future actions
for m ← 0 to n do
s ← f˜(s, uij+m );
Add s to Sf ;
Initialize set Sh with s ;
// only H-CRITIC
for m ← nh to 1 do
s ← f˜(s, uij−m );
Add s to Sh ;
Add RMSE(Xf , Sf ) + RMSE(Xh , Sh ) to E;
return Y, E;

Once the training data has been acquired, the critic model
predicts an error based on local GP regression. Given a query
point yk , the K nearest neighbors YK ⊂ Y are found. Then,
GP regression is performed on YK and its matching output
set EK to acquire the predicted error ẽk .
C. Planning with a Learned Transition Model
The objective of the planner is to compute an optimal
sequence of controls u∗ for a system with unknown/complex
dynamics or noise, such that 1) the cost function is optimized; 2) the trajectories rolled out from these controls have
a high likelihood of reaching the goal and 3) the trajectories
remain valid by avoiding collisions or undesirable states (e.g.
object dropped). There are two main components necessary
to perform such kinodynamic motion planning - state validity
and state transition. Related work has proposed using learned
models built from collected data from the adaptive hand to
generate a classification of the valid state space [33] and

a state transition model [4]. This work accordingly utilizes
such data-driven models in the planner.
The high dimensionality of the system, coupled with the
non-trivial amount of time required to inquiry the data-driven
models (transition and validity), restricts the use of more
traditional planning approaches (e.g. A*-like or an RRT).
D. Integration with Competency-Aware Models
We extend the planners proposed in [14], [34] to utilize the
competency-aware model described above. Specifically, we
use the deterministic planner STANDARD, and incorporate
the critic error into the cost function. Let the cost of an
edge Et = (xt , ut ) from state xt with action ut be the
error estimated by the critic model (Equation 1) as described in Section IV-B. For the CRITIC variant, the query
yt = (xt , ut ) depends only on the current state-action. For
the H-CRITIC variation, the last nh actions are included,
so yt = (xt , ut , ..., ut−nh ). Then, the cost of a node at
the approximate next state xt+1 = f˜(xt , ut ) is given as
cumulative moving average (Equation 2).
c(Et ) = ẽk ,
(1)
c(Et ) − c(xt )
(2)
c(xt+1 ) = c(xt ) +
t+1
Although [14], [34] has a detailed description of each other
component of the algorithm, we briefly describe the planning
process here. At each iteration, the planning process samples
a state xrandom , and finds the nearest node on the planning
tree - where “nearness” is a function of both state space
distance as well the node’s individual cost (using Equation
2). The selected node is then given a chance to propagate one
of its candidate actions - here we prioritize actions which
bring us closer to the goal by using an approximation of
action’s effect on the workspace (e.g., using a straight-line
interpolation). At this point the transition model is queried
to provide the next state, and the critic model is queried to
provide the cost associated with this new edge. A new node is
then added, and its set of candidate actions are generated by
sampling randomly from the continuous action space, and
applying a random duration to each sampled action. This
process continues until either a) the planner expands a new
node within the goal region, or b) the planner runs out of
time. If the planner reaches the goal before the time limit,
it then proceeds with a “branch-and-bound” process, which
prunes any potential new edge from the tree which exceeds
the current found solution cost. This, along with an optimistic
heuristic, ensures that the planner is asymptotically-optimal
with regards to its cost function.
An important component of [35] is the use of a heuristic
function. In [14], a straight-line Euclidean distance to the
goal was used. However in this work, such a heuristic
would not match the cost function, and therefore was not
suitable to be used. Several different heuristics were therefore
attempted, such as assuming a minimal RMSE applied at
each time step. Experimentally, many of these did not work
well. Thus, to maintain the asymptotic-optimality property,
we removed the heuristic (i.e. return 0), and to keep guidance
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Fig. 2. (a) RMSE of a neural-network model for the simulated hand with
the increase of data size. The x-axis is the percentage of data used from
the 1,631,225 data points collected through 719 episodes in the Gazebo
environment. (b) Average error with regards to the number of action changes
along a path segment taken by the critic, and for the Gazebo system.

Fig. 3. Prediction accuracy with regards to the percentage of data (out of
978,735 data points) used to train the critic for the Gazebo system.

towards reaching the goal we introduce goal-biasing during
the state space sampling (10% of the time).
V. E VALUATION
The method is evaluated using neural-network models over
a physics-engine simulated adaptive hand, as seen in Figure
1a, and the real Model-T42 adaptive hand [5], as seen in
Figure 1b. The compliance of the simulated hand in Gazebo
was modeled given prior work [9].
A sufficient representation of the state of an underactuated
hand is an observable 4-dimensional state composed of the
object’s position and the actuator loads [4]. The hand is
controlled through the change of actuator angles, where an
atomic action is, in practice, unit changes to the angles of
the actuators at each time step. That is, an action moves
actuator i with an angle of λγi , where λ is a predefined unit
angle and γi is in the range [-1, 1]. In the experiments below,
the simulated and real hands were trained while grasping
cylinders with 19.2 mm and 35 mm diameters, respectively.
A. Learned model evaluation
The experiments used recurrent feed-forward neuralnetworks to learn the transition models of both simulated
and real systems. Both neural-networks have two hidden
layers of 128 neurons each and ReLU activations along with
a dropout of 10% to control overfitting. After experimenting
with various architectures, this one yielded the most accurate
predictions for both the systems. 1,631,225 transition points
were collected in Gazebo over 719 random episodes. The
focus is on evaluating the prediction accuracy with regards to
the data size required. Figure 2a shows results for prediction
error as the percentage of training data increases, where

Fig. 4. Comparison of the different algorithms for the task of manipulating a cylindrical object into a goal region (magenta circle) between a “horseshoe”
obstacle (shown in gray) using the underactuated hand in simulation. Each run consists of a planning phase followed by 10 rollouts of the planned path
(shown as a black curve). Successful rollouts that reach the goal are shown as blue curves, while failed (i.e. colliding) rollouts are shown as red curves.
The yellow region is the approximated workspace of the hand.

towards different directions. As expected, the error is lower
in the inner region of the x − y workspace where it is easier
to manipulate. On the other hand, the errors are higher on
the margins as they are harder to reach and collect motions
of diverse actions.
C. Planning Experiments

Fig. 5. Heatmap illustrations of the critic (for the simulated hand) error
values projected on the x−y plane with regards to different action directions.

increasing the data above 25% does not improve accuracy.
This motivates the need to augment the model with a critic
that assists in avoiding erroneous regions of X . For the
real system, 328,483 data points were collected over 364
episodes. The experiments below use neural-networks trained
over only 40% of the data as their accuracy did not increase
beyond that, leaving the rest for the critic.
B. Critic evaluation
To generate the critic, the first step is to evaluate the
amount of data required for sufficient error prediction accuracy. Figure 3 shows the accuracy of the H-CRITIC
prediction with the increase of data, out of the remaining
60% not used for training (978,735 transition points). The
accuracy does not change significantly above 40% of the
data. Figure 2b shows the actual model prediction error with
regards to the number of action changes along the past and
future path segments. This data only exists when including
past actions, as in the H-CRITIC.
As seen in Figure 1a, the reachable subset of the x − y
workspace of an underactuated hand is banana-shaped. To
get an understanding of the critic’s representation on this
space, Figure 5 provides the data in the critic as a heatmap. This illustrates the errors of the critic projected on the
x − y plane with regards to actions that will direct the object

This section first evaluates a physics-engine simulation of
the adaptive hand across a variety of planning benchmarks
for in-hand manipulation. Then, a demonstration of a pegin-the-hole task on the real-hand is shown.
Algorithms: STANDARD uses the planning approach
based on prior work [14], which does not integrate the proposed competency-aware models and optimizes a cost function based on path length. Both CRITIC and H-CRITIC
use the planning approach described in Section IV-D, and
optimize a cost function based on the critic error. H-CRITIC
utilizes a horizon (nh = 40) of its past actions as part of the
query to the competency model. All methods make use of
a learned state transition model and a failure classifier (both
obtained from data), as discussed in Section IV-C.
Setup: All methods were evaluated on a single Intel
Xeon E5-4650 processor with 8 GB of RAM. The planning
approaches were given the models described above and
tasked with computing a solution for reaching a goal region
within a specified time limit (1,200 seconds). Solutions that
were found within this time limit were subsequently rolled
out 10 times each, recording whether the rolled out path
reached the goal region or failed.
1) Physics-Engine Experiments: The first set of experiments, shown in Fig. 4, evaluate all three methods for
a benchmark with a goal region hidden inside a set of
obstacles, in the form of a ’horseshoe’. The purpose of this is
to highlight the importance of minimizing RMSE, as in this
case, there is limited clearance for the planner to reach the
goal. The average success rates for STANDARD, CRITIC
and H-CRITIC are 17.5%, 42% and 61.2%, respectively.

Fig. 6. Snapshots of the real hand experiments to manipulate the cylinder into the red horseshoe: roll-outs of (top) successful H-CRITIC planned path,
(bottom left) standard planned path that collided and (bottom right) standard planned path that reached overload of the actuators.
TABLE I
ROLLOUTS RESULTS FOR PLANS IN THE SIMULATED SYSTEM
Goal
path length (mm)
rollout suc. rate (%)
RMSE (mm)

STA.
111
0
NA

1
H-CRITIC
87.42
20
2.27

STA.
206
50
3.61

2
H-CRITIC
91.33
80
2.16

Fig. 7. Five different random goal regions (magenta circle) with random
obstacles (gray dots) used for the evaluation of the STANDARD and
H-CRITIC on the simulated system. Results are shown in Table I.

The results indicate that the critic provides an advantage
for the planned paths over the traditional shortest-path cost
function. Furthermore, the usage of the history actions in
H-CRITIC over CRITIC is beneficial.
The second set of experiments defines five random goals
within the workspace of the hand, with a set of random
obstacles, and evaluates the STANDARD and H-CRITIC
approaches. The objective is to evaluate the effectiveness
of the methods for planning in different portions of the
workspace. To make it more challenging, the neural-network
model was trained over only 1% of the data which, as seen
in Figure 2a, has higher average error. A corresponding critic
was generated for it with only 20% of the remaining data.
For each goal, the planning methods were executed twice,
and for each of these runs the planned path was rolled out
10 times. The setup of the goals and obstacles can be seen
in Figure 7, with detailed statistical results for each goal
shown in Table I. In the first four goals, the H-CRITIC
was superior compared to the STANDARD approach with

STA.
169
0
NA

3
H-CRITIC
175
100
5.06

STA.
97.5
0
NA

4
H-CRITIC
93.3
90
2.57

STA.
83
100
1.45

5
H-CRITIC
64.9
100
1.21

higher success rate. Goal 5 is in the low error region with
not much interference from the obstacles. Thus, the results
for the trial are equivalent to the STANDARD with a slight
accuracy advantage to the H-CRITIC.
2) Real Hand Demonstration: The real hand demonstration replicates the ’horseshoe’ setup, where the hand must
manipulate the cylinder to the inside. Here again, paths
are planned by the STANDARD and H-CRITIC methods.
Figure 6 shows snapshots of one successful rollout of a
plan with H-CRITIC and two failed ones planned with the
STANDARD. The motion is quite slow as we assume quasistatic motion. As a result of inaccurate model predictions,
plans with the STANDARD approach tended to collide with
the obstacles or to pull the object too much toward the hand’s
base resulting in the actuators overloading. In contrast, plans
with the H-CRITIC were tracked more accurately (RMSE of
2.63 mm for the demonstrated one) due to the minimization
of critic error, and were therefore more successful overall in
reaching the goal region.
VI. C ONCLUSION
This work proposes an independent critic model to augment a given transition model and to improve accuracy.
Instead of attempting to improve the transition model with
more data, which often is unsuccessful, the method uses
the surplus data to train a critic for evaluating the accuracy
of the original model. The critic uses a history of prior
actions along with the intended action from the current state
to estimate the prediction error. A sampling-based planner
integrates the critic into its cost function to direct solutions
to regions of accurate predictions. A key future direction is
the integration of the critic into belief-space planning [14],
where uncertainty can be learned with the proposed method.
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